Aimed at addressing the problem that the subjective selection of start prediction time (SPT) in rolling bearing remaining useful life (RUL) prediction will lead to excessive noise in the prediction signal, a linear-regression-based SPT point determination was proposed. The sliding window linear regression method was used to establish sliding windows in the root mean square (RMS) range to obtain the RMS gradient domain. The threshold for the RMS gradient was set, and the continuous trigger threshold mechanism to determine the SPT point was used. The experimental results show that the linear-regression-based method can adaptively determine the SPT point and improve the accuracy of life prediction.
Introduction
Due to their high mechanical efficiency, low friction coefficient, and excellent starting performance, rolling bearings are widely used in rotating machinery, such as wind turbines [1, 2] . Affected by the working environment, working load, material aging, and other factors, the performance of rolling bearings will deteriorate with the passage of time and ultimately lead to the failure of rolling bearings. Once the rolling bearing fails, it may cause the failure of the whole machine. The remaining useful life (RUL) prediction of rolling bearings can provide bearing life information for timely maintenance and reduce operation risk. The start prediction time (SPT) point has a great influence on the RUL prediction results of rolling bearings. A prediction in their normal state will lead to low prediction accuracy, and it is meaningless to predict near failure.
There are many methods for predicting the RUL of rolling bearings [3] [4] [5] [6] [7] [8] , but there are few studies on the determination of the SPT point. Generally, the SPT point is determined by subjective factors [9, 10] . A few studies have used their own methods to determine the SPT point. N. Li et al. [3] proposed a RUL prediction method for rolling bearings based on an improved exponential model. The method uses kurtosis to set the threshold and determine the SPT point. However, kurtosis is sensitive to random fluctuations in the signal, which makes it possible to determine the time point of the normal stage as the SPT point-the prediction error is large. B.S. Yang et al. [11] proposed an independent data-driven I-CBM platform method as a comprehensive monitoring system for rotating machinery. The platform uses a large number of statistical features to determine the SPT point for the RUL prediction of rotating machinery. However, the interaction between the statistical features makes the SPT point unstable and reduces the prediction accuracy of the RUL. A. Ginart et al. [12] used a large number of statistical features to determine the SPT point. The baselines of acceptance or rejection are created using the maximum time constant of the system based on various features, and then the SPT points are determined by selecting the least baseline. This method solves the problem of interaction between feature quantities. However, the setting of the baseline depends on the maximum time constant proposed by the author, which is related to engineering experience. W. Ahmad et al. [13] proposed a data-driven RUL prediction method for rolling bearings. This method makes use of the residual between the root mean square (RMS) of the rolling bearing vibration signal acquired in real time and the RMS of the rolling bearing vibration signal in the normal state to determine the SPT point. RUL prediction is performed once the RMS residuals are higher than the set threshold. However, random factors can cause RMS residuals to be higher than the threshold value in the normal state, which leads to premature RUL prediction. Therefore, this method is unreliable.
Aimed at addressing the problem of determining the starting point of rolling bearing life prediction, this paper presents an adaptive method for determining the starting point of rolling bearing life prediction based on linear regression. The rest of this paper is organized as follows: the degradation features are selected in Section 2; in Section 3, the starting prediction time (SPT) points are determined; Section 4 explains the simulation analysis of the proposed method; the effectiveness and accuracy of the proposed method is validated by experimental data in Section 5; and, finally, Section 6 draws the conclusions.
Selection of the Degradation Features
Degradation feature selection is a key step in rolling bearing life prediction. RMS and kurtosis were selected as the degradation features in this paper. The RMS reflects the magnitude of vibration energy and is especially suitable for reflecting the slow wear damage of rolling bearings over time. Kurtosis is sensitive to the impact caused by the performance degradation of rolling bearings, which can effectively reflect whether the rolling bearings are in the degradation stage or not. The trends of RMS and kurtosis are shown in Figure 1 . The sampling interval of the experimental data used in this paper was 10 min. RMS and kurtosis can be calculated as
where RMS is the root mean square, K is kurtosis, i is the data point, n is the number of sampling points, and x i is the sampling signal.
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where RMS is the root mean square, K is kurtosis, is the data point, is the number of sampling points, and is the sampling signal. As shown in Figure 1 , the general trend of RMS and kurtosis values is the same. The obvious faults appeared at around 700 data points, indicating that the performance of rolling bearings had obviously Electronics 2019, 8, 923 3 of 10 degraded here. Kurtosis is sensitive to random fluctuation in the signal. The kurtosis fluctuation of rolling bearings in normal condition is larger than that of the RMS, which is not conducive to the determination of the SPT point. Therefore, RMS was selected as the basis for determining the SPT point in this paper.
Determination of the Starting Prediction Time (SPT) Point
The SPT point is important to rolling bearing RUL prediction. Prediction in normal state will lead to low prediction accuracy, and it is meaningless to predict near failure. Therefore, it is necessary to determine the SPT point to predict the RUL of rolling bearings under certain prediction accuracy. The errors of different SPT point selection under neural network prediction are shown in Figure 2 . As shown in Figure 1 , the general trend of RMS and kurtosis values is the same. The obvious faults appeared at around 700 data points, indicating that the performance of rolling bearings had obviously degraded here. Kurtosis is sensitive to random fluctuation in the signal. The kurtosis fluctuation of rolling bearings in normal condition is larger than that of the RMS, which is not conducive to the determination of the SPT point. Therefore, RMS was selected as the basis for determining the SPT point in this paper.
The SPT point is important to rolling bearing RUL prediction. Prediction in normal state will lead to low prediction accuracy, and it is meaningless to predict near failure. Therefore, it is necessary to determine the SPT point to predict the RUL of rolling bearings under certain prediction accuracy. The errors of different SPT point selection under neural network prediction are shown in Figure 2 . Figure 2 shows the full life data of rolling bearings published by the University of Cincinnati's Intelligent Maintenance System Center [14] . The time span of the experiment was 164 hours. The SPT point represents the proportion of the time point for RUL prediction to the total running time ("SPT point = 0.1" means that the time point for RUL prediction is 16.4 hours). As shown in Figure 2 , RUL prediction at an early stage can lead to excessive prediction errors. RUL prediction at a later stage is of high accuracy but of no practical significance. Furthermore, when the "SPT point = 0.5", the error tends to be stable, indicating that there may be an initial point of performance degradation.
Mathematical Model of the Proposed Method
To find the initial point of performance degradation adaptively and predict the residual life of rolling bearings effectively, a sliding window linear regression method was proposed in this paper. This method establishes a window with size n in the RMS range (n is 50 in this paper) and fits a linear regression model for n RMS values. A new linear regression model is constructed by sliding a sampling point forward in the window. This method can be expressed as in [13] : Figure 2 shows the full life data of rolling bearings published by the University of Cincinnati's Intelligent Maintenance System Center [14] . The time span of the experiment was 164 hours. The SPT point represents the proportion of the time point for RUL prediction to the total running time ("SPT point = 0.1" means that the time point for RUL prediction is 16.4 hours). As shown in Figure 2 , RUL prediction at an early stage can lead to excessive prediction errors. RUL prediction at a later stage is of high accuracy but of no practical significance. Furthermore, when the "SPT point = 0.5", the error tends to be stable, indicating that there may be an initial point of performance degradation.
To find the initial point of performance degradation adaptively and predict the residual life of rolling bearings effectively, a sliding window linear regression method was proposed in this paper. This method establishes a window with size n in the RMS range (n is 50 in this paper) and fits a linear regression model for n RMS values. A new linear regression model is constructed by sliding a sampling point forward in the window. This method can be expressed as in [13] :
where w denotes the gradient of the RMS relative to time t, b denotes the RMS of the starting time (t = 0), RMS i is the RMS corresponding to the data point (1 ≤ i ≤ n), t i is the time corresponding to the data point (1 ≤ i ≤ n), and n is the number of sampling points. The new gradient is obtained at each update window, and then the RMS gradient domain (w domain) is obtained. The threshold method was used to determine the SPT point in this paper. When the rolling bearing is abnormal, the overall trend of the RMS is increased. However, due to the influence of random factors, the RMS leads to positive and negative changes. Therefore, the threshold value is established by the absolute value of w. The average and standard deviation of the absolute value of w are calculated from the normal operation data of the rolling bearing:
where µ and σ are the average and standard deviation of the absolute value of w in the normal running state of the rolling bearing, respectively, n is the number of sampling points, and w i is the value of w corresponding to the sample point (1 ≤ i ≤ n). The trigger mechanism of the proposed method can be expressed as
where w x is the gradient of the predicted signal RMS. The trigger warning may be caused by noise. A single trigger is not enough to judge whether the rolling bearings are in the stage of degradation. The principle of the SPT point determination method is shown in Figure 3 . 
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The threshold method was used to determine the SPT point in this paper. When the rolling bearing is abnormal, the overall trend of the RMS is increased. However, due to the influence of random factors, the RMS leads to positive and negative changes. Therefore, the threshold value is established by the absolute value of w. The average and standard deviation of the absolute value of w are calculated from the normal operation data of the rolling bearing:
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where wx is the gradient of the predicted signal RMS. The trigger warning may be caused by noise. A single trigger is not enough to judge whether the rolling bearings are in the stage of degradation. The principle of the SPT point determination method is shown in Figure 3 . 
Prediction Process of RUL
The flowchart of the proposed method for predicting the RUL of rolling element bearings is shown in Figure 4 . RUL prediction is divided into two parts-the determination of the SPT point and the prediction. This paper focuses on the determination of the SPT point. 
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As shown in Figure 4 , the RMS domain of the historical normal stage data is calculated to select the appropriate threshold. Then, the gradient domain is computed by the sliding window linear regression method. The mean and standard deviation of the RMS gradient are calculated to obtain the threshold. The RUL prediction of rolling bearings can be carried out after calculating the threshold. The vibration signal of the rolling bearing during operation is collected, the RMS value is calculated, and then the RMS window to obtain w is constructed. If w is greater than the threshold for L consecutive times, the time point is determined to be the SPT point. As shown in Figure 4 , the RMS domain of the historical normal stage data is calculated to select the appropriate threshold. Then, the gradient domain is computed by the sliding window linear regression method. The mean and standard deviation of the RMS gradient are calculated to obtain the threshold. The RUL prediction of rolling bearings can be carried out after calculating the threshold. The vibration signal of the rolling bearing during operation is collected, the RMS value is calculated, and then the RMS window to obtain w is constructed. If w is greater than the threshold for L consecutive times, the time point is determined to be the SPT point.
Simulation Analysis
To verify the validity of the proposed SPT point determination method, the improved rolling bearing degradation model proposed by Y.F. Wang et al. [15] was used for verification.
The parameters of the degraded rolling bearing model were as follows: the pitch diameter was 71.5 mm, the roller diameter was 8.4 mm, the number of rollers was 16, and the contact angle was 15.17°. The speed rolling bearing was 2000 rpm, and the running time was 2000 min. The sampling frequency was 20 kHz, the sampling was repeated every three minutes until the outer ring fault occurred, and the characteristic frequency of the fault was 235.4 Hz. The simulated vibration signal generated by the degradation model is shown in Figure 5 . 
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The parameters of the degraded rolling bearing model were as follows: the pitch diameter was 71.5 mm, the roller diameter was 8.4 mm, the number of rollers was 16, and the contact angle was 15.17°. The speed rolling bearing was 2000 rpm, and the running time was 2000 min. The sampling frequency was 20 kHz, the sampling was repeated every three minutes until the outer ring fault occurred, and the characteristic frequency of the fault was 235.4 Hz. The simulated vibration signal generated by the degradation model is shown in Figure 5 . The normal stage sample and degraded stage sample are shown in Figure 5a ,b, respectively. To simulate the whole degradation process of the bearing, the signals were repeated 200 times, and Figure 5c shows the vibration signals of the whole lifetime.
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According to the flowchart of Figure 4 , the SPT point determination simulation experiment was carried out on the data of the vibration signals of the whole lifetime. The simulation results are shown in Figure 6 . The normal stage sample and degraded stage sample are shown in Figure 5a ,b, respectively. To simulate the whole degradation process of the bearing, the signals were repeated 200 times, and Figure 5c shows the vibration signals of the whole lifetime.
According to the flowchart of Figure 4 , the SPT point determination simulation experiment was ca As shown in Figure 6 , the method presented in this paper determined the SPT point at the beginning of the degradation. The RMS increased gently at the beginning of the recession, and the RMS gradient increased more than RMS, which indicates that the RMS gradient is more sensitive to the initial degradation stage.
Experimental Validation

Experimental Data
The data used in this section are the data of the rolling bearings running to failure disclosed by the University of Cincinnati's Intelligent Maintenance System Center. Four Rexnord ZA-2115 bearings were used in the experiment. The rotating speed of the bearing was kept at 2000 rpm. A 6000 lb radial force was applied on the tested bearings. The force was generated by a spring mechanism. The sampling frequency was 20 kHz. The sampling was repeated every 10 min. The Bearing 2 and Bearing 3 data of the first data set and Bearing 1 data of the second data set were used to validate the proposed method. The running times of Bearing 1, Bearing 2, and Bearing 3 were 21,560 min, 21,560 min and 9840 min, respectively. The fault types of Bearing 1, Bearing 2, and Bearing 3 were an inner ring fault, a rolling element fault, and an outer ring fault, respectively. The whole life vibration signals of the experimental bearings are shown in Figure 7 . As shown in Figure 6 , the method presented in this paper determined the SPT point at the beginning of the degradation. The RMS increased gently at the beginning of the recession, and the RMS gradient increased more than RMS, which indicates that the RMS gradient is more sensitive to the initial degradation stage.
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SPT Point of Experimental Data
According to Equation (4), the RMS gradient of the normal stage vibration signal is calculated. The SPT under different thresholds (μ + σ, μ + 2σ, and μ + 3σ) were compared. The SPT points at different thresholds are shown in Figure 8 . 
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According to Equation (4), the RMS gradient of the normal stage vibration signal is calculated. The SPT under different thresholds (μ + σ, μ + 2σ, and μ + 3σ) were compared. The SPT points at different thresholds are shown in Figure 8 . As shown in Figure 8 , the µ + 2σ and µ + 3σ SPTs of Bearing 1 are similar. The µ + 2σ and µ + 3σ SPTs of Bearing 2 are similar. The µ + 3σ SPT of Bearing 3 is later. The µ + σ SPT of Bearing 1 is reasonable. The µ + σ SPT of Bearing 2 and Bearing 3 are early. The RUL prediction was carried out for the SPT determined by three thresholds. The standard errors of life prediction under the three thresholds are listed in Table 1 . The data from Table 1 indicate that the standard error of threshold µ + σ is generally greater than that of thresholds µ + 2σ and µ + 3σ. The threshold µ + 2σ was selected as the threshold for SPT selection in this paper after comprehensive consideration.
The SPT selection method proposed in this paper was compared with the method of W. Ahmad et al. [13] . The RMS gradient was also used as a reference. The results of the SPT determination are shown in Figure 9 . As shown in Figure 8 , the μ + 2σ and μ + 3σ SPTs of Bearing 1 are similar. The μ + 2σ and μ + 3σ SPTs of Bearing 2 are similar. The μ + 3σ SPT of Bearing 3 is later. The μ + σ SPT of Bearing 1 is reasonable. The μ + σ SPT of Bearing 2 and Bearing 3 are early. The RUL prediction was carried out for the SPT determined by three thresholds. The standard errors of life prediction under the three thresholds are listed in Table 1 . The data from Table 1 indicate that the standard error of threshold μ + σ is generally greater than that of thresholds μ + 2σ and μ + 3σ. The threshold μ + 2σ was selected as the threshold for SPT selection in this paper after comprehensive consideration.
The SPT selection method proposed in this paper was compared with the method of W. Ahmad et al. [13] . The RMS gradient was also used as a reference. The results of the SPT determination are shown in Figure 9 . As shown in Figure 9 , the SPT determined by the method of W. Ahmad et al. [13] is earlier than that determined by the method in this paper. This is because the method of W. Ahmad et al. [13] determines the SPT on the basis of a fixed and single trigger threshold, while the method in this paper chooses the threshold based on the normal stage information of rolling bearings. Therefore, the method of W. Ahmad et al. [13] carries out RUL prediction prematurely. Furthermore, the presented method was compared with the method of N. Li et al. [3] . Kurtosis was used as a reference in the method of N. Li et al. [3] . The SPT determination results of each method (the As shown in Figure 9 , the SPT determined by the method of W. Ahmad et al. [13] is earlier than that determined by the method in this paper. This is because the method of W. Ahmad et al. [13] determines the SPT on the basis of a fixed and single trigger threshold, while the method in this paper chooses the threshold based on the normal stage information of rolling bearings. Therefore, the method of W. Ahmad et al. [13] carries out RUL prediction prematurely. Furthermore, the presented method was compared with the method of N. Li et al. [3] . Kurtosis was used as a reference in the method of N. Li et al. [3] . The SPT determination results of each method (the proposed method and the methods of W. Ahmad et al. [13] and N. Li et al. [3] ) and the corresponding prediction errors are listed in Table 2 . The data from Table 2 indicate that the SPT determined by the method of W. Ahmad et al. [13] is earlier than that of the method of N. Li et al. [3] and the method in this paper. The error of the SPT determined by the method of W. Ahmad et al. [13] is large. This is because the threshold in Method 11 is a fixed value. The SPT determined by the method in [3] is later than that of the method in this paper. This is because the method of N. Li et al. [13] is not susceptible to degradation features, so that the determined SPT are in the stage of severe performance degradation. Although the error of this method is small, it may make RUL predictions meaningless. The SPT determined by the method in this paper is moderate, and the prediction error is relatively small.
Conclusions
In this paper, a linear-regression-based SPT point determination was proposed to solve the problem of determining the SPT in rolling bearing RUL prediction. In this method, the sliding window linear regression method was used to establish the RMS gradient domain. The RMS gradient was used as a reference to set the threshold. The continuous trigger threshold mechanism was used to determine the SPT. Compared with the method of W. Ahmad et al. [13] , the proposed method has a stronger anti-jamming ability and a higher prediction accuracy. Compared with the method of N. Li et al. [3] , the proposed method can start RUL prediction when the degradation of rolling bearings is less serious, obtaining more maintenance time.
